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Proposes an end-to-end model to obtain shape descriptor from images, alleviating pre
and post-processing needs.
Self-supervised neural architecture model that leverages image registration to facilitate
landmark discovery.
Frameworks provides model variants to encode additional shape information,
regularization and heuristic for removal of redundant landmarks.
Discovered landmarks are usable on 2D and 3D images for different downstream tasks
ranging from clustering to severity quantification.
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LT
<latexit sha1_base64="3QOXp3T5FnNj3EhJmmja5KuwAfs=">AAAB6nicbVDLSsNAFL2pr1pfVZduBovgqiRafOyKbly4qNgXtKFMppN26GQSZiZCCf0ENy4UcesXufNvnKRB1HrgwuGce7n3Hi/iTGnb/rQKS8srq2vF9dLG5tb2Tnl3r63CWBLaIiEPZdfDinImaEszzWk3khQHHqcdb3Kd+p0HKhULRVNPI+oGeCSYzwjWRrq/HTQH5YpdtTOgReLkpAI5GoPyR38YkjigQhOOleo5dqTdBEvNCKezUj9WNMJkgke0Z6jAAVVukp06Q0dGGSI/lKaERpn6cyLBgVLTwDOdAdZj9ddLxf+8Xqz9CzdhIoo1FWS+yI850iFK/0ZDJinRfGoIJpKZWxEZY4mJNumUshAuU5x9v7xI2idV57Rau6tV6ld5HEU4gEM4BgfOoQ430IAWEBjBIzzDi8WtJ+vVepu3Fqx8Zh9+wXr/AhbOjc8=</latexit>

xt1 , y1t
<latexit sha1_base64="ab461B/HLTd679VGwSlaBRuItTY=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgQkqixceu6MZlBfuANpbJdNoOnUzCzEQMob/hxoUibv0Zd/6NkzSIWg9c7uGce5k7xws5U9q2P63CwuLS8kpxtbS2vrG5Vd7eaakgkoQ2ScAD2fGwopwJ2tRMc9oJJcW+x2nbm1ylfvueSsUCcavjkLo+Hgk2ZARrI/Ue7nTfOUJx2vrlil21M6B54uSkAjka/fJHbxCQyKdCE46V6jp2qN0ES80Ip9NSL1I0xGSCR7RrqMA+VW6S3TxFB0YZoGEgTQmNMvXnRoJ9pWLfM5M+1mP110vF/7xupIfnbsJEGGkqyOyhYcSRDlAaABowSYnmsSGYSGZuRWSMJSbaxFTKQrhIcfr95XnSOq46J9XaTa1Sv8zjKMIe7MMhOHAGdbiGBjSBQAiP8AwvVmQ9Wa/W22y0YOU7u/AL1vsXCM2RKw==</latexit>

f✓

IT

<latexit sha1_base64="7/2jUz+vSw7tjFDD4t6FqFy3YvA=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0m0+HErevFYwdpCGspmu2mXbnbD7kQooT/DiwdFvPprvPlv3LRB1Ppg4PHeDDPzwkRwA6776ZSWlldW18rrlY3Nre2d6u7evVGppqxNlVC6GxLDBJesDRwE6yaakTgUrBOOr3O/88C04UrewSRhQUyGkkecErCSH/WzHowYkGmlX625dXcGvEi8gtRQgVa/+tEbKJrGTAIVxBjfcxMIMqKBU8GmlV5qWELomAyZb6kkMTNBNjt5io+sMsCR0rYk4Jn6cyIjsTGTOLSdMYGR+evl4n+en0J0EWRcJikwSeeLolRgUDj/Hw+4ZhTExBJCNbe3YjoimlCwKc1DuMxx9v3yIrk/qXun9cZto9a8KuIoowN0iI6Rh85RE92gFmojihR6RM/oxQHnyXl13uatJaeY2Ue/4Lx/ATgvkVk=</latexit>

t
xtK , yK

RBF Linear Solve
Module

<latexit sha1_base64="zd2jyLzri5NGHRc9e3Gj/Ydz+Q0=">AAAB83icbVDLSsNAFL3xWeur6tLNYBFcSEm0+NgV3QhuKtgHtLFMppN26GQSZiZiCP0NNy4UcevPuPNvnKRF1Hrgcg/n3MvcOV7EmdK2/WnNzS8sLi0XVoqra+sbm6Wt7aYKY0log4Q8lG0PK8qZoA3NNKftSFIceJy2vNFl5rfuqVQsFLc6iagb4IFgPiNYG6n7cKd714coyVqvVLYrdg40S5wpKcMU9V7po9sPSRxQoQnHSnUcO9JuiqVmhNNxsRsrGmEywgPaMVTggCo3zW8eo32j9JEfSlNCo1z9uZHiQKkk8MxkgPVQ/fUy8T+vE2v/zE2ZiGJNBZk85Mcc6RBlAaA+k5RonhiCiWTmVkSGWGKiTUzFPITzDCffX54lzaOKc1yp3lTLtYtpHAXYhT04AAdOoQZXUIcGEIjgEZ7hxYqtJ+vVepuMzlnTnR34Bev9C1hTkV8=</latexit>

Shared
Weights

LS
xs1 , y1s
<latexit sha1_base64="cURCt7s9LAWp8xaSp2sdqKk1+gs=">AAAB6nicbVDLSsNAFL2pr1pfVZduBovgqiRafOyKbly4qNQ+oA1lMp20QyeTMDMRSugnuHGhiFu/yJ1/4yQNotYDFw7n3Mu993gRZ0rb9qdVWFpeWV0rrpc2Nre2d8q7e20VxpLQFgl5KLseVpQzQVuaaU67kaQ48DjteJPr1O88UKlYKO71NKJugEeC+YxgbaTm7aA5KFfsqp0BLRInJxXI0RiUP/rDkMQBFZpwrFTPsSPtJlhqRjidlfqxohEmEzyiPUMFDqhyk+zUGToyyhD5oTQlNMrUnxMJDpSaBp7pDLAeq79eKv7n9WLtX7gJE1GsqSDzRX7MkQ5R+jcaMkmJ5lNDMJHM3IrIGEtMtEmnlIVwmeLs++VF0j6pOqfV2l2tUr/K4yjCARzCMThwDnW4gQa0gMAIHuEZXixuPVmv1tu8tWDlM/vwC9b7FxVKjc4=</latexit>

IS

w

A
b

<latexit sha1_base64="kiqU48eGP8NZ1cCiKnoby1DGjDA=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgQkqixceu6MZlBfuANpbJdNoOnUzCzEQMob/hxoUibv0Zd/6NkzSIWg9c7uGce5k7xws5U9q2P63CwuLS8kpxtbS2vrG5Vd7eaakgkoQ2ScAD2fGwopwJ2tRMc9oJJcW+x2nbm1ylfvueSsUCcavjkLo+Hgk2ZARrI/Ue7lTfOUJx2vrlil21M6B54uSkAjka/fJHbxCQyKdCE46V6jp2qN0ES80Ip9NSL1I0xGSCR7RrqMA+VW6S3TxFB0YZoGEgTQmNMvXnRoJ9pWLfM5M+1mP110vF/7xupIfnbsJEGGkqyOyhYcSRDlAaABowSYnmsSGYSGZuRWSMJSbaxFTKQrhIcfr95XnSOq46J9XaTa1Sv8zjKMIe7MMhOHAGdbiGBjSBQAiP8AwvVmQ9Wa/W22y0YOU7u/AL1vsXBbqRKQ==</latexit>

f✓

Spatial
Warp

Aw = b
<latexit sha1_base64="hnlzbjoOCBn3ESPzE/SmHpaUZc8=">AAAB7XicbVDLSsNAFL3xWeur6tLNYBFclUSLj4VQdeOygn1AG8pkOmnHTmbCzEQpof/gxoUibv0fd/6NSRpErQcuHM65l3vv8ULOtLHtT2tufmFxabmwUlxdW9/YLG1tN7WMFKENIrlUbQ9rypmgDcMMp+1QURx4nLa80VXqt+6p0kyKWzMOqRvggWA+I9gkUvPiAZ0jr1cq2xU7A5olTk7KkKPeK310+5JEARWGcKx1x7FD48ZYGUY4nRS7kaYhJiM8oJ2EChxQ7cbZtRO0nyh95EuVlDAoU39OxDjQehx4SWeAzVD/9VLxP68TGf/UjZkII0MFmS7yI46MROnrqM8UJYaPE4KJYsmtiAyxwsQkARWzEM5SHH+/PEuahxXnqFK9qZZrl3kcBdiFPTgAB06gBtdQhwYQuINHeIYXS1pP1qv1Nm2ds/KZHfgF6/0Lbx+OhQ==</latexit>

IR
<latexit sha1_base64="vbAJnG0vq8VEGECYJZkRcFwonsc=">AAAB6nicbVDLSsNAFL2pr1pfVZduBovgqiRafOyKbnRXH31AG8pkOmmHTiZhZiKU0E9w40IRt36RO//GSRpErQcuHM65l3vv8SLOlLbtT6uwsLi0vFJcLa2tb2xulbd3WiqMJaFNEvJQdjysKGeCNjXTnHYiSXHgcdr2xpep336gUrFQ3OtJRN0ADwXzGcHaSHfX/dt+uWJX7Qxonjg5qUCORr/80RuEJA6o0IRjpbqOHWk3wVIzwum01IsVjTAZ4yHtGipwQJWbZKdO0YFRBsgPpSmhUab+nEhwoNQk8ExngPVI/fVS8T+vG2v/zE2YiGJNBZkt8mOOdIjSv9GASUo0nxiCiWTmVkRGWGKiTTqlLITzFCffL8+T1lHVOa7WbmqV+kUeRxH2YB8OwYFTqMMVNKAJBIbwCM/wYnHryXq13matBSuf2YVfsN6/AA80jco=</latexit>

<latexit sha1_base64="7/2jUz+vSw7tjFDD4t6FqFy3YvA=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0m0+HErevFYwdpCGspmu2mXbnbD7kQooT/DiwdFvPprvPlv3LRB1Ppg4PHeDDPzwkRwA6776ZSWlldW18rrlY3Nre2d6u7evVGppqxNlVC6GxLDBJesDRwE6yaakTgUrBOOr3O/88C04UrewSRhQUyGkkecErCSH/WzHowYkGmlX625dXcGvEi8gtRQgVa/+tEbKJrGTAIVxBjfcxMIMqKBU8GmlV5qWELomAyZb6kkMTNBNjt5io+sMsCR0rYk4Jn6cyIjsTGTOLSdMYGR+evl4n+en0J0EWRcJikwSeeLolRgUDj/Hw+4ZhTExBJCNbe3YjoimlCwKc1DuMxx9v3yIrk/qXun9cZto9a8KuIoowN0iI6Rh85RE92gFmojihR6RM/oxQHnyXl13uatJaeY2Ue/4Lx/ATgvkVk=</latexit>

s
xsK , yK

Landmarks on a target image B

<latexit sha1_base64="VAujCs0KH+PEblMVEa3LyTdxXfM=">AAAB83icbVDLSsNAFL3xWeur6tLNYBFcSEm0+NgV3QhuKtgHtLFMppN26GQSZiZiCP0NNy4UcevPuPNvnKRF1Hrgcg/n3MvcOV7EmdK2/WnNzS8sLi0XVoqra+sbm6Wt7aYKY0log4Q8lG0PK8qZoA3NNKftSFIceJy2vNFl5rfuqVQsFLc6iagb4IFgPiNYG6n7cKd614coyVqvVLYrdg40S5wpKcMU9V7po9sPSRxQoQnHSnUcO9JuiqVmhNNxsRsrGmEywgPaMVTggCo3zW8eo32j9JEfSlNCo1z9uZHiQKkk8MxkgPVQ/fUy8T+vE2v/zE2ZiGJNBZk85Mcc6RBlAaA+k5RonhiCiWTmVkSGWGKiTUzFPITzDCffX54lzaOKc1yp3lTLtYtpHAXYhT04AAdOoQZXUIcGEIjgEZ7hxYqtJ+vVepuMzlnTnR34Bev9C1VAkV0=</latexit>

xs1 , y1s

f✓

<latexit sha1_base64="kiqU48eGP8NZ1cCiKnoby1DGjDA=">AAAB83icbVDLSsNAFL2pr1pfVZduBovgQkqixceu6MZlBfuANpbJdNoOnUzCzEQMob/hxoUibv0Zd/6NkzSIWg9c7uGce5k7xws5U9q2P63CwuLS8kpxtbS2vrG5Vd7eaakgkoQ2ScAD2fGwopwJ2tRMc9oJJcW+x2nbm1ylfvueSsUCcavjkLo+Hgk2ZARrI/Ue7lTfOUJx2vrlil21M6B54uSkAjka/fJHbxCQyKdCE46V6jp2qN0ES80Ip9NSL1I0xGSCR7RrqMA+VW6S3TxFB0YZoGEgTQmNMvXnRoJ9pWLfM5M+1mP110vF/7xupIfnbsJEGGkqyOyhYcSRDlAaABowSYnmsSGYSGZuRWSMJSbaxFTKQrhIcfr95XnSOq46J9XaTa1Sv8zjKMIe7MMhOHAGdbiGBjSBQAiP8AwvVmQ9Wa/W22y0YOU7u/AL1vsXBbqRKQ==</latexit>

<latexit sha1_base64="7/2jUz+vSw7tjFDD4t6FqFy3YvA=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0m0+HErevFYwdpCGspmu2mXbnbD7kQooT/DiwdFvPprvPlv3LRB1Ppg4PHeDDPzwkRwA6776ZSWlldW18rrlY3Nre2d6u7evVGppqxNlVC6GxLDBJesDRwE6yaakTgUrBOOr3O/88C04UrewSRhQUyGkkecErCSH/WzHowYkGmlX625dXcGvEi8gtRQgVa/+tEbKJrGTAIVxBjfcxMIMqKBU8GmlV5qWELomAyZb6kkMTNBNjt5io+sMsCR0rYk4Jn6cyIjsTGTOLSdMYGR+evl4n+en0J0EWRcJikwSeeLolRgUDj/Hw+4ZhTExBJCNbe3YjoimlCwKc1DuMxx9v3yIrk/qXun9cZto9a8KuIoowN0iI6Rh85RE92gFmojihR6RM/oxQHnyXl13uatJaeY2Ue/4Lx/ATgvkVk=</latexit>

s
xsK , yK
<latexit sha1_base64="VAujCs0KH+PEblMVEa3LyTdxXfM=">AAAB83icbVDLSsNAFL3xWeur6tLNYBFcSEm0+NgV3QhuKtgHtLFMppN26GQSZiZiCP0NNy4UcevPuPNvnKRF1Hrgcg/n3MvcOV7EmdK2/WnNzS8sLi0XVoqra+sbm6Wt7aYKY0log4Q8lG0PK8qZoA3NNKftSFIceJy2vNFl5rfuqVQsFLc6iagb4IFgPiNYG6n7cKd614coyVqvVLYrdg40S5wpKcMU9V7po9sPSRxQoQnHSnUcO9JuiqVmhNNxsRsrGmEywgPaMVTggCo3zW8eo32j9JEfSlNCo1z9uZHiQKkk8MxkgPVQ/fUy8T+vE2v/zE2ZiGJNBZk85Mcc6RBlAaA+k5RonhiCiWTmVkSGWGKiTUzFPITzDCffX54lzaOKc1yp3lTLtYtpHAXYhT04AAdOoQZXUIcGEIjgEZ7hxYqtJ+vVepuMzlnTnR34Bev9C1VAkV0=</latexit>

Inference/Testing Model

L = Lmatch (IT , IR )
<latexit sha1_base64="XDRq/52ZrL3AO+dhu4a7xdpJzKY="></latexit>

+ Lreg (A)

Leveraging Unsupervised Image Registration for
Discovery of Landmark Shape Descriptor
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Abstract
In current biological and medical research, statistical shape modeling (SSM) provides an essential framework for the characterization of anatomy/morphology.
Such analysis is often driven by the identification of a relatively small number of geometrically consistent features found across the samples of a population. These features can subsequently provide information about the population
shape variation. Dense correspondence models can provide ease of computation and yield an interpretable low-dimensional shape descriptor when followed
by dimensionality reduction. However, automatic methods for obtaining such
correspondences usually require image segmentation followed by significant preprocessing, which is taxing in terms of both computation as well as human
resources. In many cases, the segmentation and subsequent processing require
manual guidance and anatomy specific domain expertise. This paper proposes
a self-supervised deep learning approach for discovering landmarks from images that can directly be used as a shape descriptor for subsequent analysis.
We use landmark-driven image registration as the primary task to force the
neural network to discover landmarks that register the images well. We also
propose a regularization term that allows for robust optimization of the neural network and ensures that the landmarks uniformly span the image domain.
∗ Corresponding
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The proposed method circumvents segmentation and preprocessing and directly
produces a usable shape descriptor using just 2D or 3D images. In addition,
we also propose two variants on the training loss function that allows for prior
shape information to be integrated into the model. We apply this framework on
several 2D and 3D datasets to obtain their shape descriptors. We analyze these
shape descriptors in their efficacy of capturing shape information by performing
different shape-driven applications depending on the data ranging from shape
clustering to severity prediction to outcome diagnosis.
Keywords: Self-Supervised Learning, Machine Learning, Statistical Shape
Modeling, Image Registration

1. Introduction
Statistical shape modeling (SSM) is an indispensable tool for the analysis of
anatomy and biological structures. Such models can be viewed as a composite
of two distinct steps: shape representation and shape analysis. Shape repre5

sentation is a quantifiable description of the shape/structure of sample from a
population of anatomies (usually given as a cohort of images or surface meshes)
that is consistent with the population statistics and is easy to use for subsequent
analysis. There are two prominent families of algorithms for shape representation, (i) landmarks, which express shapes as point clouds that define an explicit
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correspondence map from one shape to another using invariant points across
populations that vary in their form, and (ii) deformation fields, which rely on
transformations between images to encode implicit shape information. Shape
analysis then uses these shape representations to analyze the population’s statistics; in most cases, the representation is projected onto a low-dimensional space

15

via principal component analysis (PCA). This low-dimensional representation
is used as a shape descriptor for subsequent shape analysis. Outside of analysis of different modes of shape variations captured by this descriptor, it can
also be subsequently utilized in different applications. For instance, the shape
descriptor can serve as features to perform classification of different morpho-

4
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logical classes Hufnagel et al. (2007), can quantify the severity of a particular
deformity Bhalodia et al. (2020a), or employed to interpret and discover shape
characteristics that are associated with a particular disease Cates et al. (2014).
We consider such downstream applications that are dependent on how well the
shape descriptors characterize the given shape to showcase the efficacy of the

25

shape descriptor.
Due to their simplicity and computational efficiency, correspondence-based
models are the most prominently used models for shape representation. Correspondences is a term used to describe landmarks on the anatomy that are
geometrically consistent across the samples of the population. In the earliest

30

works, Thompson (1917) correspondence was achieved by handpicked landmarks
corresponding to distinguishable features. The field has come a long way with
many state-of-the-art correspondence discovery algorithms Styner et al. (2006);
Cates et al. (2007). However, many of these algorithms require segmentation
of the anatomy from images as well as heavy pre-processing. Such segmenta-
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tion and or pre-processing often come with a significant computational overhead
as well as cost human resources. Segmentation of some anatomies is prone to
subjective decisions and hence requires domain expertise. These problems fail
to make the automated correspondence discovery model fully end-to-end, i.e.,
an automated pipeline that for inference just inputs images to produce shape
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descriptors for analysis.
In recent years, deep learning and neural networks models have had a significant impact on both image registration and shape analysis. With their ability to
learn complex functions, several methods Bhalodia et al. (2018); Milletari et al.
(2017) have proposed learning correspondence from images, bypassing the need
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for segmentation and preprocessing. However, these methods are supervised
and are data-hungry, they require considerable training data with correspondences, which is not always possible in clinical applications. They also need
anatomy segmentation and preprocessing for the training set that might not be
readily available. Deep networks have also played an essential role in develop-
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ing computationally fast and unsupervised learning-based algorithms for image
5

registration (e.g., Balakrishnan et al. (2019)) that perform equivalently to the
state-of-the-art, optimization-based registration methods. However, transformations are not as friendly as correspondences for shape analysis; they often
require the development of a fixed atlas Joshi et al. (2004). The systems that
55

process image-to-image transformations express shape information in a highdimensional space. Typically for shape analysis, a low-dimensional space is preferred, and therefore, these representations are projected onto a low-dimensional
space via PCA (or some equivalent for nonlinear spaces), and the modes of shape
variation need to be analyzed by domain experts to check for their usability in
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downstream applications.
To address the above-stated challenges, we propose an end-to-end system
for extracting a shape descriptor from only a population of input images. Ideally, this shape descriptor would not require any post-processing for subsequent
analysis. This paper proposes a self-supervised deep learning approach for land-
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mark discovery that uses image registration as the primary task. The proposed
method alleviates the need for segmentation and heavy preprocessing (even
during model training) to obtain a landmark-based shape descriptor. The discovered landmarks are relatively low in number; hence, they can be directly
used for shape analysis and bypass the post-processing required to convert the
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representation into a low-dimensional space. The work presented here is an extension of the preliminary work presented in Bhalodia et al. (2020b). This work
significantly extends and improves on the previous paper in the following ways:
• Additional experiments, results, and analysis on several different datasets
with associated downstream applications for shape descriptors.
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• We propose two different model variants that can incorporate prior information about shape into the model during training and can implicitly
enforce the landmarks to encode such information.
• We propose an additional image matching loss function that preserves
the local structure and allows for cross-modality registration or usage of

80

datasets with a lot of intensity variations.
6

2. Related Work
Since the groundbreaking work of D’Arcy Thompson Thompson (1917) who
utilized manually placed landmarks to study variations in shapes of fishes, statistical shape modeling (SSM) has become an indispensable tool for medical
85

researchers and biologists. SSM finds applications in various fields such as cardiology Gardner et al. (2013), neurology Gerig et al. (2001), growth modeling
Datar et al. (2009), orthopaedics Harris et al. (2013a), and instrument design
Goparaju et al. (2018). Shape representation for SSM can be achieved via explicit representation of points on surfaces Davies et al. (2002); Styner et al.
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(2000), direct usage of surface meshes or distance transforms Mendoza et al.
(2014) or their features Bouix et al. (2005), or, implicitly via functional maps
Ovsjanikov et al. (2012) or deformation fields Beg et al. (2005).
Correspondence-based models, or particle distribution models (PDMs) Grenander et al. (1991) place a dense set of particles onto the shapes’ surfaces. Auto-
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matic PDM algorithms rely on non-linear optimization that reduces the complexity of the generative model Cates et al. (2007); Davies et al. (2002). In
most cases, PCA is used to project the high dimensional shape space to a low
dimensional shape descriptor Thompson (1917); Bhalodia et al. (2020a). Since
these algorithms require heavy pre-processing/segmentation, deep learning has
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been used to learn correspondences directly from a population of 2D/3D images
Bhalodia et al. (2018); Milletari et al. (2017). These methods being supervised still require pre-processing overhead during training and also need large
datasets/data-augmentation methods to learn effectively. Both these requirements are not available in many cases, especially with medical data.

105

Also relevant is the work on deformable registration of images that have
been used as a tool for shape representation Beg et al. (2005) and atlas building Joshi et al. (2004). The implicit deformation fields are hard to interpret.
Therefore, having a fixed atlas to which each image in the population will be deformed helps make the fields standardized. Deep learning-based unsupervised
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registration (e.g., Balakrishnan et al. (2019)) has attracted a lot of attention

7

in recent years. This unsupervised registration framework have been extended
in modeling diffeomorphic registration Dalca et al. (2018), constructing image
atlas Dalca et al. (2019) and leveraging empirical information about the shape
population Bhalodia et al. (2019).
115

Another relevant body of works stems from computer vision literature that
uses image alignment to obtain dense feature maps DeTone et al. (2018); Rocco
et al. (2017), in a similar vein to the widely popular scale-invariant feature
transform (SIFT) Lowe (2004) features. Other works focus on utilizing convolutional neural networks (CNNs) to learn surface features and use them to
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obtain correspondence points Boscaini et al. (2016) or as shape features for
subsequent correspondence optimization Agrawal et al. (2017). All these works
concentrate on discovering the surface/shape features using CNNs, whereas our
work proposes an unsupervised approach for landmark discovery.

3. Methods
125

This section covers the necessary background for statistical shape modeling and image registration, the proposed model architecture and training, loss
functions and optimization, and generalized model variants.
3.1. Shape Analysis and Image Registration
Statistical shape modeling (SSM) can be broadly categorized into two parts
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(i) shape representation and (ii) shape analysis. Shape representation entails
using the raw data (can be in the form of images, meshes, label maps, etc.) and
expressing it in a usable, quantifiable form for subsequent shape analysis. Shape
analysis then finds relevant statistics from the shape representation pertinent to
the downstream application. To reiterate, in this paper, we refer to downstream
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applications as the applications that utilize the shape descriptors to perform a
task on given data, for example, using shape descriptors as features for shape
classification. In this paper, we restrict our shape representation to be in the
form of point correspondences, which are a geometrically consistent set of 2D/3D

8

points of the population of shapes. Hence, each shape Si from a population of
140

shapes S1 , ..., SN can be expressed via Ci ∈ RM ×d , where M is the number of
landmarks/correspondences per shape and d is the space dimension ( d = 2, 3 for
2D and 3D shapes, respectively). We can use these Ci ’s for shape analysis, which
usually involves performing PCA and using the low-dimensional representation
for analysis of shape modes of variation.
Landmarks also play an important role in image registration. A common
underlying assumption in image registration is that a well-registered image will
also match the landmarks placed at anatomically relevant features. Furthermore, landmarks can be used to perform image registration; for instance, radial
basis functions (RBF) can be used to parametrize the image deformation based
on landmarks (used as control points) provided on the source and the target images. Mathematically, if T represents the image transformation, we can model
the deformation as follows:
T (x) =

M
X
i=1
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wi φ(||x − xi ||) + α1 x + α0

(1)

Here, the φ represents the RBF function used, x represents the coordinates of
the image, and, xi represents the control points. If we are given the control
points on source and target images, we can solve the linear system of equations
to find w = [w1 , ..., wM , α0 , α1 ] and can apply the transformation to the entire
image coordinate grid. The transformed coordinates is interpolated to obtain
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the warped image from the source image.
3.2. Model Description
Here, we propose a model to obtain anatomically relevant landmarks directly
from images. To achieve this, we rely on the assumption that a good image
registration between a pair of images should indicate good anatomical feature

155

correspondence. This assumption perfectly ties in with self-supervised learning,
where we use image registration as a primary task and, in turn, obtain key
landmark locations on the input images.
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Figure 1: Network Architecture

The resulting architecture is broken into three components, broadly described as follows:
160

− Landmark Encoder: This is a CNN network that operates on an image
and outputs a M × d vector of landmark points. Since we work with the
source (IS ) and target (IT ) images, landmark encoder fθ is used twice,
but share weights similar to a Siamese architecture Koch et al. (2015).
− RBF Linear Solver: We use the landmarks to construct a linear matrix
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A = A(LT ) and its associated output vector b = b(LS ). For clarification,
we note here that the landmarks discovered by the landmark encoder
function as control points for the RBF-based registration. For the transformation parameters w, we have Aw = b. The RBF linear solver module
consists of formulating this system of equations and solving them to find
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the transformation parameters. The matrix construction and linear solver
are described in Appendix A.
− Spatial Warp Module: We use the transformation parameters and
interpolate the source image and obtain the registered image IR . This can
be easily performed using a spatial transform unit Jaderberg et al. (2016).
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A detailed description of the architecture with layer description is given in
Appendix B. Throughout this work, we perform all of our experiments using
thin-plate splines (TPS) as the kernel basis function, i.e., φ(r) = r2 log(r). The
10

network architecture is described in Figure 1.
3.3. Loss Function and Regularization
The training loss function of the proposed network can be given as follows:
L = Lmatch (IT , IR ) + λLreg (A)
180

(2)

The first term is the image matching or the registration loss between the target
image and the registered (i.e., warped source) image. The second term is the
regularization of the registration system applied on the matrix A from the RBF
linear solve module. We shall describe both these terms in detail in the following
paragraphs.
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3.3.1. Image Matching Loss
In classical literature for image registration, there is a research emphasis on
interpretation as well as effect of utilizing different loss functions in context of
image matching optimization Tagare & Rao (2014). In the context of deep learning, the methods are restricted to loss functions that allow for back-propagation.
The two most commonly used image-matching functions used in deep leaning
based image registration are the L2 and the normalized cross-correlation (NCC)
loss. These are given as follows:
Lmatch-L2 = ||IT − IR ||2
1 X
Lmatch-NCC = 1 −
N CC(IT (x, p), IR (x, p))
|P|

(3)
(4)

x∈P

Here, I(x, p) represents an image patch on image I centered at voxel location x with patch size of p. P denotes the set of all patches/possible patch
centers. The function N CC(IT (x, p), IR (x, p)) represents the normalized crosscorrelation between two patches.
190

Both the L2 loss and NCC work on the pixel intensities and work well when
the data population has a consistent intensity profile across the population. CT
scans are a good example of images with a consistent intensity profile. However, in datasets such as cardiac MRI, the intensity histograms of individual
11

MRI scans are highly variable, and these intensity-driven loss functions will
195

fail to capture structural matching. These losses will also fail when the input
data comes from two different sources or modalities, such as two different scanners/centers or a dataset containing both T1 weighted MRI and T2 weighted
MRI images. In such scenarios, pixel intensities are not the correct measure
to quantify image matching, and we need losses that can capture structural
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correlation. Therefore, we also use the modality independent neighborhood descriptor (MIND) features to formulate a registration loss; several other recent
registration works have used MIND features as loss Xu et al. (2020). MIND
features rely on image patches; for a given image I at a pixel/voxel location x,
its image patch is denoted as I(x, p), with p being the patch size. The MIND

205

feature for an image at a pixel/voxel is given as:

M IN D(I, x, p, r) = exp(

−||I(x, p) − I(x + r, p)||2
)
Var(I(x, p))

(5)

Here, r is the displacement vector and Var(.) is the local variance of an image
patch. The match loss function using these MIND features is given as:
Lmatch-MIND =

1 XX
|M IN D(IT , x, p, r) − M IN D(IR , x, p, r)| (6)
|Ω||R|
x∈Ω r∈R

Ω is the set of voxel locations and R is the set of displacements used. We
generally use a set of displacement vectors describing a local neighborhood
(such as 4-neighbor for 2D images or 6-neighbor for 3D). The loss function
is parametrized by (i) the patch size p, and (ii) the distance value, i.e. ||r||. In
210

all of our experiments using MIND loss both on 2D and 3D, we use an isotropic
patch of size 3 and the displacement is kept as ||r|| = 5.
3.3.2. Regularization
The linear system required to solve the RBF warp parameters requires that
matrix A is a non-singular matrix. However, the positions of the landmarks
coming from the landmark encoder are arbitrary. Hence, during the optimization, the matrix A can be poorly conditioned or even singular. A singular matrix
12

has an infinite condition number, and a poorly conditioned matrix has a large
condition number. Such a scenario can result in infinite number of solutions
to the linear system and can cause optimization to break. To ensure stable
optimization, we introduce a regularization term that minimizes the condition
number of the matrix A, given as:
Lreg = κ(A) = ||A||F ||A−1 ||F

(7)

||.||F denotes the Frobenius norm of the matrix; this allows us to easily differentiate the regularizer. Minimization of the condition number of A provides an
215

additional benefit. We note that a poorly conditioned A occurs when one or
more pair of landmarks (used for the construction of A) are very close together.
Hence, making the matrix well-conditioned will force the landmarks to be spread
out more throughout the image, allowing us to span larger regions. This effect
is showcased in Figure 2, demonstrated on diatoms, which is a simple example.
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One can note that the landmarks spread on the diatom boundary are achieved
even with no regularization. However, we see a lot of landmarks being close
together that can cause the optimization to break. This is indeed the case as
the optimization without regularization is observed to break (generate NaNs)
because of the singularity of the kernel matrix A. With points close together,
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the overall shape descriptor is not informative. The regularized version spreads
landmarks more uniformly over the image domain. The landmarks that are far
from the boundary can be removed by redundancy removal described in the
next section. The effect of regularization on the registration loss is described in
the results section 4.1.
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3.4. Training Procedure
The entire model is trained jointly with Adam Kingma & Ba (2017), and network parameters are initialized randomly in showcased experiments. However,
one can imagine a starting initialization for the output layer of the landmark
encoder. One such initialization could be by using the mean landmarks from
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a pre-compute PDM on the population. The choice of hyper-parameter λ con13

Effect of Redundancy Removal

Effect of Regularization

Figure 2: Effect of regularization (right), where the top image is un-regularized and the bottom
one is regularized. Effect of redundancy removal (left), where top figure is before redundancy
removal and bottom figure is after.

trols the amount of regularization and can be chosen via cross-validation. For
a given set of images, the training is performed on a set of image pairs. For
smaller datasets, we use all possible image pairs, and for larger datasets, we
can either randomly choose image pairs or employ a sampling heuristic. As the
240

model is trained on pairs of images, even small datasets (as small as 50 images)
can be effectively used for training the model. Such a low-resource learning is
imperative for medical images where data is scarce and cannot be effectively
used to train neural networks.
In this work, we treat the number of landmarks to be predicted as a hyper-
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parameter. As the landmark locations can be arbitrary, there could be redundant landmarks in characterizing the structure of interest. To remove such
landmarks, we use a simple heuristic, based on the assumption that removing
such redundant landmarks will not affect the registration. Using this heuristic,
we compute the change in mean registration accuracy by removing one landmark
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at a time (this is performed on an already trained model as post-processing).
This difference is the importance value attached to each landmark, as more significant the difference more is the importance of the landmark in performing
accurate registration. We remove these landmarks in a greedy fashion, that is,
we follow these steps.
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1. For remaining set of landmarks compute the registration loss. Initially the
set of remaining landmarks is same as the starting set of landmarks.
14

2. Temporarily remove one landmark at a time and compute the registration loss and its difference from one computed in step 1. Do this for all
remaining landmarks.
260

3. Select the landmark with least difference (least importance) and remove
it.
4. Repeat steps 1-3 till either desired number of landmarks are reached or a
difference threshold is reached.
This removal allows for a smaller and more informative landmark-based shape
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descriptor, and the effect is shown in Figure 2.
Regularization and redundancy removal:

The regularization term

tends to spread the particles evenly across the image and is applied as a soft
constraint with the image matching loss. The regularization acts in conjunction with the registration loss, i.e., if a feature in an image exhibits a higher
270

registration loss, the particles will be distributed to match that feature better.
In cases where the anatomy of interest is localized with lower registration loss
in that region would cause the redundancy removal to disregard the spread-out
particles. In such scenarios, the registration loss must be spatially-weighted to
introduce a preference to the localized anatomy; this model variant is intro-
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duced in the following section. Furthermore, the redundancy removal needs to
be applied carefully with quality control to remove particles from the region of
interest. We can also modify the redundancy removal process to only look at
selective regions in the image while computing the registration accuracy.
Note on Training and Inference Time:
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We trained the network (2D

architecture described in Appendix Appendix B) with 30 2D landmarks on
a dataset of 100 toy images of 256 × 256 dimensions (that is 10000 pairs –
actual training size). We utilize a single 12GB NVIDIA TITAN V GPU. The
training time for one epoch with batch size of 20 is 6.2 minutes, and the inference
time for a single scan is 0.4 seconds. Another important aspect is the GPU
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memory requirement, which for this experiment is 4600MB utilizing Pytorch
deep learning framework.

15

3.5. Model Variants
Weak Supervision Variant: The proposed model can be easily modified
for a weakly supervised learning framework to introduce a prior that informs the
290

landmark positioning via changes to its loss function. In many cases, medical
data can be presented along with some form of shape description. The most
common of these forms is via segmentation of the anatomy of interest. However, in a typical scenario, only a limited number of data have segmentation
associated with the image. In such cases, segmentation can be used to improve
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the landmark positioning by the following changes to the model:
− We use the learned transformation parameters to transform a source segmentation image (CS ) to the registered segmentation (CR ).
− Introduce the matching function between the registered segmentation to
the target segmentation (CT ) and optimize the model with the updated
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loss. This loss function will only be activated when both the source and
target segmentations are present, providing weak supervision for the landmark (shape descriptor) discovery task.
The loss function can thus be expressed as:

L = Lmatch (IT , IR ) + λLreg (A) + β1C Lmatch (CT , CR )

(8)

Here, 1C is an indicator variable that is 1 when both CT and CS exists and
305

zero otherwise.
There are two other aspects to note here: (i) the input to the landmark
encoder are still images, and therefore during testing, we do not need an additional segmentation input, and (ii) instead of binary segmentation, any other
forms of shape information that can be deformed can be used as well, such as
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signed distance transforms or correspondences.
Localized Variant:

In some instances, the anatomical area of interest is

localized, and we would like the landmarks to be expressive of that particular

16

location. For instance, in CT scans of the Femur, the diagnosis and characterization cam-type femoroacetabular impingement Pun et al. (2015) is done by
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analyzing the localized region below the femoral head and how its difference
from a representative femur shape or a healthy patient. Such localized characterization requires the shape descriptor to contain sufficient information about
this localized anatomy of interest. To achieve this, we again assume that image
registration enforces landmark location, i.e., for the landmarks to be more ex-

320

pressive of the localized region, we want to achieve the best image registration
in that region. Therefore, we propose a simple modification to the loss function.

L = Lmatch (mT ◦ IT , mR ◦ IR ) + λLreg (A)

(9)

Here, mI , mR represents a mask representing the location of the localized
region of interest. In a special case, these masks are fixed (i.e., the same) for
the given dataset if the anatomy of interest occupies a common space across the
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image population, i.e., images are roughly aligned.

4. Results
This section shows the results of the proposed methods on different 2D/3D
datasets and is divided into subsections corresponding to each dataset. We also
demonstrate the usefulness of the landmark-based shape descriptor obtained
330

in each case paired together with a downstream application. This section also
includes an analysis of regularization, redundancy removal, and the application
of different proposed framework variants. In most cases, the number of epochs
are chosen via early stopping based on the best validation loss.
4.1. Diatom Dataset
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Diatoms are a biological group of algae found in different water bodies and
fossilized deposits. Diatoms are unicellular and are categorized into different
classes based on their shape/structure.

17

Any characterization of diatoms is

based on their size and shape; therefore, it is a perfect dataset for applying the
proposed method and finding landmark-based shape descriptors. The diatoms
340

dataset

1

contains 2D isolated cellular images from four different diatom mor-

phologies, namely, Eunotia (68 samples), Fragilariforma (100 samples), Gomphonema (100 samples), and Stauroneis (72 samples). This dataset is collected
as part of the automatic diatom identification and classification project Du Buf
et al. (1999). The data is split into 80%, 10%, 10% for training, validation, and
345

testing datasets.
We train the proposed network with L2 loss for image matching, with a
regularization parameter of λ = 0.005 (found using cross-validation as described
ahead), and with 16 landmarks. We also keep four pre-determined landmarks
on the corners while computing the warp; these are not learned via the network.
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We train the network (using 2D image architecture as given in Appendix B) for
20 epochs on all possible image pairs, with no additional data augmentation.
As a post-processing step, we perform the redundancy removal as described
in Section 3.4 to retain 11 landmarks. Results shown in Figure 3 highlight
the structural correspondence between different diatoms classes. We can notice

355

that some of the landmarks are not precisely on the border of the shape. Such
positioning of landmarks arises from the fully unsupervised training of the model
with respect to the landmarks. The network has no prior on how and where to
place the landmarks, and hence, the placement of the landmarks is the result of
having the best possible registration loss. For instance, the landmark number 9
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in Figure 3 is dictated via the registration error that placing it inside the image
border in that reasonably similar intensity level will reduce the image matching
loss.
Downstream Application: These landmarks are easy to use as shapebased features of diatoms. We perform spectral clustering Von Luxburg (2007)
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using these landmarks as features, and it performs well to separate the classes
into clusters except for fragilariforma and eunotia that exhibit very similar
1 Downloaded

from the DIADIST project page: rbg-web2.rbge.org.uk/DIADIST/
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(a)

(b)

(c)
2 PCA dimensions of
Groundtruth Classes

(d)
2 PCA dimensions of
Spectral Clusters

(a)

Stauroneis (b)

Fragilariforma (c)

Gomphonema (d)

Eunotia

Figure 3: Diatoms results The left images show landmarks (after redundancy removal) on
test images from four different classes and are in correspondence. The top right plot shows the
effect of the regularization parameter λ on the registration accuracy. The two scatter plots
on the bottom right shows the results of performing unsupervised clustering using landmarks
as features compared to ground truth labels.

shapes when their scales match. For classification, a multi-layer perceptron
(with a single hidden layer) can distinguish between these four classes using
these landmarks as inputs with 100% test accuracy.
370

Regularization parameter:

Using this simple dataset, we also want

to showcase the selection of regularization parameter λ via cross-validation.
We perform three-fold cross-validation with different lambdas and compute the
average registration loss at every fold. The plot for this experiment is shown
on the top-right of Figure 3. It highlights that there is an optimal λ that
375

minimizes the registration loss and is a notable result. Since the regularization
does not act on network parameters and limit the space of solutions, there is no
guarantee that the generalization in registration performance should improve.
The regularization term is only introduced for optimization stability, ensuring
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uniform particle spread tasks that it performs well. However, empirically, we see
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an optimal λ that achieves the best generalization, showing that the proposed
regularization term also improves the generalization of the network.
4.2. Metopic Craniosynostosis Dataset
Metopic Craniosynostosis Johnson & Wilkie (2011) is a morphological condition of the skull/cranium that affects infants. It occurs due to premature fusion
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of the metopic suture in the skull, and the subsequent brain growth causes deformed head shapes. The morphological symptoms include a triangular-shaped
forehead (trigonocephaly) Kellogg et al. (2012) and compensatory expansion of
the back of the head. In severe cases, along with abnormal morphology, patients
are affected by the increased intracranial pressure causing several neurological
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complications. In current practice, the severity of metopic craniosynostosis is
gauged subjectively by surgeons, affecting the subsequent treatment protocol.
The usual treatment entails a risky surgical procedure for severe cases or continued observation for milder ones. In recent research, the skull shape of metopic
patients and its deviation from normal has been used for devising an objective
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severity measure Kellogg et al. (2012); Bhalodia et al. (2018). These methods use CT scans that underwent segmentation and/or are processed for shape
representation; these steps involve manual and computational overhead.
We use the proposed method directly on the CT scans and aim to obtain
a shape descriptor that can be subsequently used for severity quantification of
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metopic craniosynostosis. Our dataset comprises cranial CT scans of infants
between 5-15 months of age, these scans were acquired at UPMC Childrens
Hospital of Pittsburgh between 2002-2016. Out of which 27 are scans of patients diagnosed with metopic craniosynostosis, this diagnosis was performed
by a board-certified craniofacial plastic surgeon utilizing the CT images as well
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as a physical examination. The remaining 93 patients were trauma patients that
underwent CT scans; however, they demonstrated no morphological abnormalities, and these scans form our control set. All the CT scans were acquired as a
part of routine clinical care protocol and under an IRB-approved registry. We
20

collect this data with HIPAA protocols and de-identification of the scans. In
410

the following analysis, we refer to the CT scans from the control set as controls
and the CT scans that are diagnosed with metopic craniosynostosis as metopic.
We train the network only on the control set with 80%, 10%, 10% data split for
training, validation, and testing, respectively. We use L2 as our image matching
loss function, because the dataset has minimal intensity variation across differ-
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ent samples, and the primary structure of the cranium is well-defined. We use
100 3D landmarks (8 constant on corners), and a regularization parameter of
λ = 0.00001 (discovered via cross-validation). We perform redundant landmark
removal by selecting the best 50 landmarks as post-processing. In addition to
the test set, we also evaluate the model on the CT scans diagnosed with metopic
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craniosynostosis, these CT scans are not observed by the model during training
as it is only trained on the control set. Figure 4 showcases qualitative results
where we see that the registration performance between a single source image
(metopic) and two targets, one metopic other from the control set.

Landmarks on a source image A

Source Image

Landmarks on a target image A

Target A (Green) on
registered image (Red)

Landmarks on a target image B

Target B (Green) on
registered image (Red)

Figure 4: Metopic craniosynostosis results where we show a single source image (metopic)
with two different target images (A:metopic, B:control). The top row showcases the landmark
positions shown in 3D space with an overlay of segmentation mask and mix-axial,mid-sagittal,
and mid-coronal slices. The bottom row showcases the registration via overlayed segmentation
masks.

21

Downstream Application: Using the landmarks from the proposed method
as a shape descriptor, we can compute the Mahalanobis distance/Z-scores of
each scan with respect to a population of control scans. If we consider z1 , ..., zN
be the shape descriptors of N scans from the control set, whose mean and covariance is given as µ and Σ respectively, the Mahalanobis distance/Z-score for
a data with shape descriptor z is given by:
q
ZS(z) = (z − µ)T Σ−1 (z − µ)

(10)

This Z-score represents the deviation of a scan from the control population
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(this set does not have any symptoms of cranial deformity). Hence, a metopic
skull would have a larger Z-score than a control scan. Figure 5 (left) shows that
this is indeed the case. We also want to compare the efficacy of the obtained
landmarks as shape descriptors with respect to dense correspondences from a
points distribution model(PDM). For this, we utilize ShapeWorks Cates et al.
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(2017) package, a state-of-the-art method for automatic correspondence discovery. As a PDM method, ShapeWorks has been used in the context of metopic
severity prediction Bhalodia et al. (2020a). ShapeWorks produces a set of 2048
correspondences on surfaces of cranial CT scans using their segmented images,
which is represented as a low-dimensional PCA loading vector to be used as a
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shape descriptor. We compare the efficacy of both the shape descriptors in characterizing the severity of metopic craniosynostosis. For this, we compute the
Mahalanobis Distance (or Z-score) of each shape (landmark shape descriptor)
with respect to control data distribution. The Pearson’s correlation between
two scores is 0.81, and its scatter plot (after normalizing each set of Z-scores)
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is given in Figure 5. The Z-scores are normalized by dividing with the maximum Z-score from the set, this allows them to lie between 0 and 1 and provide
better visualization in the scatter plot, this normalization does not affect the
correlation score. Such a significant correlation showcases that both methods
capture similar shape information required to characterize the severity of the
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condition. Additionally, we compare the Z-scores from the proposed method
with aggregate severity scores from 16 craniosynostosis experts’ ratings. Each
22

rating uses a Likert scale between 0-5, with 5 being the most severe, and only
27 metopic scans are rated. The Z-scores and the aggregate ratings show a positive correlation with Pearson’s coefficient of 0.64 (see Figure 5). In comparison,
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Pearson’s correlation between the Mahalanobis distance from ShapeWorks and

Corr= 0.81
Normalized Z-scores of proposed method

Normalized expert ratings for metopic

Histogram of Z-scores

Normalized Z-scores of PDM method

the expert ratings is only 0.28.

Corr= 0.64
Normalized Z-scores of proposed method

Figure 5: Metopic severity analysis the plot on the left shows the histogram of Z-scores
using the landmarks as a shape descriptor. The figure in the middle shows the correlation
with Z-score from the state-of-the-art correspondence model. The figure on the right shows
the correlation between the Z-scores of the metopic scans and the aggregate rating of these
scans given by experts.

4.3. Cam-type Femoroacetabular Impingement (cam-FAI)
Femoroarticular impingement (FAI) Atkins et al. (2017) is an orthopedic
disorder that affects movement in the hip joint. Cam-FAI is a primary cause
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of hip osteoarthritis and is characterized by an abnormal bone growth of the
the femoral head. Cam-FAI affects a localized region as shown in Figure 6.
The deviation of a femur anatomy diagnosed with Cam-FAI to representative
femur anatomy from a healthy patient population is of interest. This deviation
can inform operative decisions and subsequent treatment planning. With the
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localized variant of the proposed method (see Section 3.4), we aim to discover the
shape descriptor that captures the localized structure of the cam-FAI pathology.
In this study, we use a dataset of 59 CT scans of the femur bone, out of which 50
scans are of patients without any diagnosed morphological defect in their femurs,
we call this the control set. Additionally, we also have another 9 CT scans
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of the femur bone that are from patients diagnosed with Cam-FAI deformity.
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Schematic of cam-FAI

Mask Localization for
Registration Loss

Figure 6: Cam-FAI The left figure shows location of cam-FAI and the right figure showcases
the location of mask onto a median femur anatomy denoting location of interest to gauge
shape descriptor of pathology.

All data was originally collected for research purposes, and specifically for the
evaluation of hip bio-mechanics Harris et al. (2013a,b) at Orthopaedics Research
Laboratory, School of Medicine, University of Utah. All participants provided
informed consent prior to participation in this University of Utah IRB-approved
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study. The data contains femur scans of both left and right femur, and all the
right femur have been reflected from the mid-saggital plane to have consistent
orientation across the dataset. We use the median CT scan of the control set
to define a common/fixed mask image for the image matching loss (Eq 9). This
is defined by selecting a bounding box around the anatomy of interest and then
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blurring it using a convolution with a Gaussian filter ( Figure 6). We apply
the method with λ = 0.000001 (found by cross-validation) and train the model
for 20 epochs on the joint set (controls and cam-FAI diagnosed scans) dataset
with 80 landmarks, and perform redundancy removal by selecting the top 40
landmarks. Figure 7 showcases the landmarks on a single source-target image
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pair and their corresponding registration output. We notice that the registration
error is low in the region of interest, as stressed by the closeup section of the
24

Landmarks on a source image

Landmarks on a target image

Source
Source Image

Target

Registered

Target (Green) on registered
image (Red)

Figure 7: Femur results where we show landmarks discovery and registration on a single
source image (a Cam-FAI diagnosed subject) with and target image (normal). The bottom
right shows zoomed-in version of the registration error near the location of interest.

registration.
Downstream Application:

We want to characterize how well is mean

pathology showcased. In this experiment, we will use the segmentation masks
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of femur anatomy for each image available to us. We want to discover the mean
anatomy of the femurs from the control set and mean of the femurs diagnosed
with Cam-FAI, and we follow these steps for a given image set:
1. We compute the mean landmarks (using the landmarks discovered by the
proposed model) on a set of CT scans.
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2. We use these points to compute a mean image. We discover landmarks
on each image, and then we register each segmentation mask to the mean
landmarks, giving us a single approximation of the mean image.
3. We perform such approximation for all the images in a population, and
taking an average of all these approximations will give us the mean seg-
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mentation image.

25

We follow the above steps for the control set, obtaining a representative shape
for healthy femur anatomy (normal mean shape), and for the set of cam-FAI
scans obtaining a representative femur shape with Cam-FAI (Cam-FAI mean
shape). We compare the normal mean shape with Cam-FAI mean shape using
500

the surface-to-surface distance from the Cam-FAI mean to normal; this distance is projected on the mesh of the normal mean shape in Figure 8. The
negative values showcase the regions where average Cam-FAI pathology is outward, whereas positive values showcase it is inwards from the average normal.
We see that visualized Cam-FAI pathology (outward regions) is similar to the

505

clinically plausible location for the Cam-FAI-affected region on femur bone. We
believe this behavior will be even more pronounced with more pathological scans
in training. This experiment and the subsequent results are promising as the
Cam-FAI deformity is very subtle and difficult to capture. It would require
full segmentation and dense correspondences to capture such a subtle variation
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Atkins et al. (2017). Furthermore, we also compute the Mahalanobis distance
using the landmarks as shape descriptors and normal CT forming the base distribution to verify whether CT scans with Cam-FAI diagnosis deviate from the
population of controls. We clarify that the number of scans is less than the number of landmarks; we need to compute PCA using landmarks with dimension as
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the number of scans that captures 100% of shape information. This is necessary;
otherwise, the covariance is a singular matrix, and Mahalanobis distance will
produce non-interpretable values. From the histogram shown in Figure 8, we see
that the scans with Cam-FAI diagnosis significantly deviate from the control set,
indicating that the shape descriptor is capturing the localized pathology well.
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4.4. Cardiac LGE Dataset
This dataset consists of 3D late gadolinium enhancement (LGE) images of
left-atrium (LA) for 207 patients. All these scans are from patients diagnosed
with irregular heartbeats or atrial fibrillation (AF). These scans are acquired
after the first ablation, a procedure used for the treatment of AF. Cardiac MR
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imaging was performed on AF patients presenting at the University of Utah
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Histogram of Zscores of CAM-FAI
and Normal Femurs
from Normal
Distribution.

Figure 8: CAM-FAI comparison with normal population: (Left) shows the surface-tosurface difference between mean segmentation of normal mean shape to the mean segmentation
of Cam-FAI mean shape, this is projected onto the mesh from normal mean shape. (Right)
showcases the logarithm of Mahalanobis distance of each scan from the normal population
using the landmarks as features.

Hospitals Electrophysiology Clinic. Image sequences include a respiratory and
ECG-gated MRA, acquired during continuous gadolinium contrast agent injection (0.1 mmol/kg, Multihance [Bracco Diagnostic Inc.]), followed by a 15minute post-contrast LGE sequence. Images were acquired on either a 1.5 T
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or 3 T clinical MR scanner (Siemens Medical Solutions) using phased-array receiver coils. LGE-MRI scans were acquired approximately 15 minutes after the
contrast agent injection and were acquired at the end-diastole phase of the cardiac cycle. The scanning protocol utilized a 3D inversion recovery, respiration
navigated, ECG-gated, gradient echo pulse sequence. Typical image acquisi-
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tion parameters include the following: free-breathing using navigator gating, a
transverse imaging volume with voxel size = 1.25 1.25 2.5 mm (reconstructed
to 0.625 0.625 1.25 mm), and inversion time = 270320 ms. Inversion times
for the LGE-MRI scan were identified using a TI scout scan. Other parameters
for the 1.5 T scanner included a repetition time of 5.4 ms, echo time of 2.3 ms,
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and a flip angle of 20. Scans performed on the 3 T scanner were done using
a repetition time of 3.1 ms, echo time of 1.4 ms, and a flip angle of 14. ECG
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gating was used to acquire a small subset of phase encoding views during the
diastolic phase of the LA cardiac cycle.
It is a very challenging dataset due to two reasons, (i) these LGE images
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are low resolution and noisy, and very varied in terms of intensity profiles (see
the image pair in Figure 9), and (ii) the LA shape is not very distinguishable
intensity-wise from the neighboring anatomies. We employ our model on this
dataset to test its limits. The goal of this experiment is not to achieve accurate
registration but rather to find usable shape descriptors. The downstream task
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for this application is the prediction of atrial fibrillation recurrence from LA
shape, which is expressed via the proposed landmark shape descriptor. Due to
the challenging nature of the data, we use the distance transforms via the weak
supervision variant of the framework, and we use all the distance transforms
(207 in number). We apply MIND loss for both the image matching terms
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on LGE and distance transforms, with a λ = 0.0000001 and 100 landmarks.
Additionally, we perform a center of mass alignment on the images (using the
corresponding segmentations) followed by cropping. This step is necessary to
highlight the LA shape and isolate it from the neighboring anatomies. We train
the network for 15 epochs and perform redundancy removal by retaining 50
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landmarks per image. A single source image pair with landmarks are shown
in Figure 9. The registration performance is not as good as other datasets
described due to the low-quality images and high-variability nature of LGE
intensities and LA shapes.
Downstream Application:
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The LA scans are acquired post-ablation,

however, even after ablation, AF can occur again, this is known as AF recurrence. Therefore, we also monitor patients post-ablation for a recurrence of
AF. The shape of LA and the left-atrium appendage is shown to be successful
in predicting AF recurrence Bieging et al. (2018) . For recurrence prediction,
we again use a simple multi-layer perceptron with three hidden layers, which
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yields a test accuracy of 65.72% ± 1.32%. In comparison, we also use ShapeWorks to place a dense set of 2048 particles on these left atrium shapes perform
PCA on it to reduce to a 20-dimensional shape descriptor. Using this with the
28

Source Image
Landmarks on a source image

Source Image

Landmarks on a target image

Target (Green) on registered
image (Red)

Target Image

Figure 9: Results on LGE Images showcasing landmarks on a source image pair, and
the registration of their segmentation. We also show mid axial slices of source and image to
showcase the poor quality of the data.

same MLP architecture for atrial fibrillation recurrence classification, we get a
test accuracy of 68.34% ± 0.97%. This showcases that the discovered landmark
575

shape descriptor captures almost the same amount of information captured by
a dense correspondence model for this particular downstream task. A better
initialization of landmarks that introduces a degree of supervision and domain
expertise in the model will improve the shape descriptor. However, such experiments take away from the complete unsupervised and domain-independent
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framework of the model.

5. Conclusions
This paper proposes an end-to-end framework of obtaining usable shape descriptor directly from a set of 2D/3D images. The proposed model is a selfsupervised network that works under the assumption that anatomically con585

sistent landmarks will register a pair of images well under a particular class of
transformations. The model consists of a landmark encoder, an RBF solver, and

29

a spatial transformer during training. For testing, we only use the landmark encoder to obtain a set of landmarks on a given image. The methodology has been
initially proposed in our previous work Bhalodia et al. (2020b). This paper pro590

vides detailed explanations and significantly extends it by introducing different
image matching loss functions, two variants of loss functions that incorporate
prior shape information, and extensive experimentation on several different 2D
and 3D datasets. We find that the landmark shape descriptor obtained via the
proposed model can be used directly for shape analysis and subsequent down-
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stream tasks such as disease classification and severity quantification.
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Appendix A. RBF Solver for Image Registration
If we consider the 2D image case now with x = (x, y) specifying a coordinate
on the image grid. Let Tx and Ty be transformations acting on each coordinate,
therefore the entire transformation is given as T (x) = (Tx (x), Ty (y)). The
individual transformations follow the RBF equation (Eq. 1), that results in:
Tx (x) =

M
X
i=1

Ty (x) =

M
X
i=1

φ(||x − xi ||)wix + α2x x + α1x y + α0x

(A.1)

φ(||x − xi ||)wiy + α2y x + α1y y + α0y

(A.2)

y
x
, α2x , α1x , α0x ) and wy = (w1y , ..., wM
, α2y , α1y , α0y ) are
Here, wx = (w1x , ..., wM

the unknown parameters for x and y coordinates respectively. Now given a set
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of M control points on source and target image (xi and x̄i )we have T (xi ) =
x̄i = (x̄i , ȳi ). These gives us 2M linear equations, we need six more equation to
perfectly solve for 2(M + 3) equations. We arrive at this via the constraint that
the RBF part of the transformation should have no linear or constant term, i.e.
M
M
M
P
P
P
xi wix = 0,
yi wix = 0 and,
wix = 0. We have three similar equation for
i=1

i=1

i=1

y coordinate. There we have a system of equation given as:

   
B 0
wx
k

   =  x
0 B
wy
ky
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Where, kx = [0, 0, 0, x̄1 , ..., x̄M ] and ky = [0, 0, 0, ȳ1 , ..., ȳM ], and


x1
x2 . . .
xM
0
0 0




 y1
y2
...
yM
0
0 0




 1
1
...
1
0
0 0




B =  φ11 φ12 . . . φ1M
x1 y1 1




 φ21 φ22 . . . φ2M
x2 y2 1




 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .


φM 1 φM 2 . . . φM M xM yM 1

(A.3)

(A.4)

Now for solving the transformation parameters

 we just solve
 the following
B 0
k
 and b =  x .
linear equation with Aw = b, where A = 
0 B
ky
Appendix B. Architectural Details
The architecture of landmark encoder used for all 2D experiments is given
by bottom Figure B.10, it is comprised of four blocks, first two blocks having
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two convolution layers and the last two having four. Each block is followed by
a max pooling with factor 2. Each convolutional layer has a kernel size of 3 × 3.
The activation function used throughout is ReLU, except at the output layer
we use hyperbolic tangent. The output points are in the range -1 to 1 which
are then scaled to the original coordinates by using the image dimensions.
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For 3D we have a smaller architecture due to memory constraints, it consists
of four blocks with two convolutional layers each. Each block is followed by a
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Figure B.10: Detailed Network Architectures (Top) For 3D data, (Bottom) for 2D data.

max pooling with factor 2. Each convolutional layer has a kernel size of 3×3×3.
The activation function used here is a leaky-ReLU except at the output layer
where we use hyperbolic tangent.
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